It is well known that a centrally symmetric convex body (compact, convex set with interior points) in eZ- (see ); here the left side is a mixed volume, B is the ball bounded by S d~\ and h is the support function of K. As a special case of (1) we have the representation Essentially, this has been proved by Aleksandrov [1, §8] . In proving his theorem quoted in the introduction, he showed the assertion of Lemma 2 to be true in the case where μ is a difference of two (d -1 -p)-th surface area functions of convex bodies; but this assumption is not needed in the proof. To be sure, this is not a special case, since from the well known existence theorem of Minkowski, Aleksandrov, and Fenchel-Jessen [4, p. 16], it follows that every symmetric Borel measure on S*-1 is the difference of the (d -l)-st surface area functions of two appropriate centrally symmetric convex bodies; hence Lemma 2 follows also directly from Aleksandrov's theorem cited earlier. For further references and a generalization of Lemma 2, see [6] .
We proceed now to the proof of the theorem. It is convenient to write d -1 -p = q. The assumptions of the theorem together with formula (2) give ( 4) ĵ I<μ, vy I μ q (K, dv) = ĵ | <u, v>\ μ q {K, dv)
for each ueA. Let F be a g-dimensional face of the polytope K. We have assumed that the set A contains a vector / which is parallel to F. Since A is an open set it contains a neighborhood of /. If equation (4) holds for a unit vector u, it holds also for every an, a > 0; thus there is an open set U of E d containing / such that (4) holds for each ue U. Therefore the convex functions which are defined by the left and the right side of (4), respectively, must have equal directional derivatives at / with respect to every direction y. Then Lemma 1 yields for every Borel set ω of S^" 1 . Now observe that the vector / has been chosen parallel to the g-face F. Thus every unit vector which is orthogonal to F is contained in ω f , hence ω f contains the spherical image of the face F. Therefore equation (6) is especially true if ω f is replaced by the spherical image of F. Now F is an arbitrary g-face of K> hence the the additivity of the measures allows us to further replace the spherical image of F by the union of the spherical images of the tf-faces of K:
It has already been noticed that the measure μ q (K, •) is concentrated on o q {K), therefore to intersect ω with σ q (K) on the left side of (7) is indeed superfluous; we have
for every Borel set ω on S 
